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Abstract 

Nowadays, installed capacity of renewable energy sources is increasing at a high rate and even higher increase is 

expected in the future. In order to accommodate renewable energy sources, integration of gas, electricity and district 

heating network is a promising solution. This paper provides a coordinated operation and analysis of electricity, 

district heating and natural gas system with integrated wind farm. The interactions among different energy sectors 

will provide more flexibility required by the future renewable energy system. A nonlinear optimization problem is 

presented with focus on decreasing the operational cost and improving efficiency of integrated system, as well as 

meeting the demands. Optimal operation is performed for a test case system including constraints of individual 

systems and linkages between each of the systems. The test system includes electrical, district heating and natural gas 

subsystem with thermal and gas storages, combined heat and power and power to gas units and wind turbine. 

Simulation results show that integration of electricity, heating and natural gas system decreases the operational cost 

and provides higher flexibility to the system. Moreover, wind curtailment is reduced with integration of P2G. 

 
Keywords: Combined heat and power, electrical system, district heating system, natural gas system, optimal dispatch, 

power to gas  

1. Introduction 

Long-term targets for 2020, 2030 and 2050 for European countries are introduced by European 

Commission with the main target of having a sustainable and secure energy system by 2050. Taking 

Denmark as example, in 2015, wind power penetration was 50% and in 2014, wind power generation 

exceeded demand by almost 1000 h. Danish main goal by 2050 is 100% renewable energy sources (RES) 

based system [1]. Nowadays, the installed capacity of RES is increasing at a high rate and replacing 

conventional generators. Consequently, mismatch between generation and demand can occur, leading to 

unstable system. In order to realize the long-term goal of RES based systems operating in a secure, 

reliable and economic manner, the synergy between electricity, heat and gas has to be explored [2].  

Extensive studies have been carried out related to integration of energy storages and flexible loads in 

order to accommodate the RES including [3]. Furthermore, electric water heater, combined heat and 

power (CHP) and heat pumps are widely used and an extensive literature can be found for linkage 

between electrical power system (EPS) and district heating system (DHS). In [4], the optimal dispatch of 

EPS and DHS of urban area with increased RES is performed with the aim to decrease operational costs 

of both systems. Authors of [7] introduced and compared two methods, decomposed and integrated, for 

combined analysis of EPS and DHS where optimal dispatch of EPS is considered only. Optimization of 

operation of DHS with thermal storage in pipelines is presented in [8] and optimization of supply 

temperature and mass flow rate in DHS with minimization of operational cost and losses is presented in 

[9]. When it comes to natural gas system (NGS) and EPS, basic principle of modelling of NGS, and 

optimal power flow of EPS and NGS is presented in [10]. Moreover, the link between NGS and EPS used 
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to accommodate RES is power to gas (P2G) unit which has a fast response to changes in generation and 

demand according to [5, 6]. Furthermore, it can convert excess electricity from RES to hydrogen or 

methane which further on can be stored in gas pipeline or storage for longer periods [5]. The interaction 

of NGS and EPS through P2G units is studied in [11]. Steady state analysis of NGS and EPS system with 

units P2G and CHP is presented in [5]. Based on the work done in mentioned papers, the interactions 

among different energy sectors should provide higher flexibility required by the future RES system while 

minimizing the operational costs and losses. One of the prominent solutions to balance the renewable 

production and increase flexibility would be to integrate EPS, DHS and NGS with energy storages and 

coupling components. In this paper multi period optimal operation focused on minimizing operational 

costs of all systems and detailed constraints of integrated network are presented. Firstly, mathematical 

models are used to describe the DHS including demand, thermal storage and heating source like CHP 

units. In DHS, temperature of water is important parameter that must be maintained within permissible 

operational limits and the effect of water temperature on DHS is further on explained in Section 2.2. 

Secondly, mathematical model of NGS including gas source, P2G unit and gas storage is developed. 

Finally, integration EPS, DHS and NGS including their components and links, and analysis of 

interactions between electricity, gas and heat is conducted. Further on, optimal operation strategy of 

integrated energy system is developed. Optimal operation including mathematical models is performed in 

software General Algebraic Modeling System (GAMS) and results are additionally verified through 

MATLAB Yalmip toolbox and MATPOWER toolbox. 

This paper is organized as follows. The second section introduces the mathematical modelling of EPS, 

DHS and NGS. Accordingly, linking components of integrated system are presented with corresponding 

constraints. In section three, test case of integrated system is presented and analysed. Section four 

provides the results of the test case system. Section five gives the conclusion of this work. 

1.1. Nomenclature 

Notation Description Unit 
/ /EPS DHS NGS  Set of nodes in EPS/DHS/NGS  

/ED WT

n  Set of electricity demands/wind turbines at node n  
/ /HL HS CHP

n  Set of heat demands/ /heat storages/CHP at node n  
/ / / 2 /GS GD GC P G ST

n  Set of gas sources/gas demands/GC/P2G/gas storages at node n  

T  Set of hours  

, ,j j j    Cost coefficients for CHP $/MWh 

,mn t  Thermal conductivity of pipe m-n W/m°C 
GC

g  Operational energy consumption coefficient of GC g  
GC  Compression efficiency of GC g 
e

j , h

j  Generating electrical and thermal efficiency of CHP unit j  
P2G

k  The energy conversion efficiency of at P2G unit  
in

,mn t  Temperature of inlet to node n of pipe m-n °C 

,

out

mn t  Temperature of outlet of node m of pipe m-n °C 
in/out,min/max

,mn t  Minimum/maximum water temperature of inlet/outlet of pipe m-n °C 

c  Specific heat capacity of water J/kg°C 

kc , CR  Specific heat ratio for natural gas and compression ratio 

CHPC , GSC , 2P GC  Marginal cost of power and gas supply: CHP, gas source and P2G $/MWh 
, /HST in outC  Marginal cost of heat input/output to/from heat storage $/MWh 
, /GST in outC  Marginal cost of gas input/output to/from gas storage $/MWh 
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tC  Total operational cost of integrated system $/h 
CHP

,j tD , 2

,

P G

k tD  Gas consumption in CHP unit j and power demand in P2G unit k MW 
GC

,g tD , GD

, ,, ED

d t e tD D  Gas consumption in GC g, gas demand and electric demand MW 

GCE  GC parasitic efficiency  

,nm tG  Gas flow rate in pipeline n-m m3/h 

,min/max,CHP CHP

j jH H   Heat supply and max/min heat supply from CHP unit j MW 

,

,

HS in

h tH  Heat output of heat storage h to heat network,  MW 

,

,

HS out

h tH  Heat output of heat network to heat storage h MW 

,

HL

l tH  Heat demand MW 
, / ,min/maxHS in out

hH  Minimum/maximum heat input/output capacity of heat storage h MW 
min/max

, ,h t hHS HS   Heat stocks and max/min heat reserve in heat storage h MWh 

GCK  Constant of GC  

LHV Lower heating value MJ/m3 

mnl  Length of district heating pipe m-n m 

,mn tm , max/min

,mn tm  Water flow rate and max/min water flow rate in pipe m-n kg/s 
2 2 min/max

, ,, ( )n t n tp p  Gas pressure of node n and minimum/maximum operating limits MPa2 

CHP

,j tP  Power supply from CHP unit j MW 

,WT tP , spill

,WT tP  Power output of wind unit  f and power spillage for wind unit f MW 

GP ,
GQ ,

DP ,
DQ  Active and reactive - output power of generator and load power MW, MVAr 

min/max

GP , min/max

GQ  Upper and lower bound of active and reactive output power MW, MVAr 
GS

,g tQ , GS,min/max

gQ  Gas supply and minimum/maximum gas supply from gas source MW 
P2G P2G,min/max

, ,k t kQ Q  Gas supply and minimum and maximum level from P2G unit k MW 
ST,in/out

,s tQ , ST,in/out,max

sQ  Gas input/output and gas input/output capacity of gas storage s MW 

,nm tS , max

nmS  Gas flow rate and transmission capacity of gas pipeline n-m  MW 
GC

,g tS  Gas flow rate through gas compressor g MW 

,s tST , min/max

sST  Gas stocks and minimum/maximum gas stock in gas storage s MWh 

sT ,
aZ  Suction temperature of GC and average compressibility factor °R, - 

min,max, ,V V   Voltage amplitude, voltage amplitude limits, phase angle of bus n  kV, rad 

mnY  Admittance of transmission line n-m p.u. 

nmZ  Resistance coefficient of the pipeline kPa2/(MW)2 

2. Mathematical modeling 

2.1. Modeling of electric power system 

Optimal power flow studies have been performed for a long time where the main objective is to supply 

the load reliably and as economically as possible. The power flow study in this work is optimal AC power 

flow. The goal of this study is to obtain generators active and reactive power and voltage angle and 

magnitude on each bus. Active and reactive power flow balance equations for every bus in the EPS in the 

form of equality constraints are shown in (1)-(2) with the operational limits of the variables in (3)-(4) 
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[12]. To further on expand the power flow balance equation regarding CHP, P2G and wind turbine, (5) is 

presented with its operational constraint in (6). 
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2.2. Modeling of district heating system 

DHS consists of supply pipelines delivering heat from the heat source to the heat demand and return 

pipelines coming back to the heat source. As previously mentioned in Section 1, temperature of water is 

important parameter. The supply temperature varies from 70°C to 120 °C, while return temperature is 

lower depending on the heat extracted by the heat load [7]. DHS model consists of hydraulic and thermal 

model. Variable in hydraulic model is mass flow, while thermal model includes supply and return 

temperatures and heat power delivered by the heat source. Hydraulic equation presenting continuity of 

flow demonstrates that the mass flow entering the node equals to the mass flow leaving the node and 

mass flow consumption at that node and it is shown in (7). Thermal model consists of nodal heat balance 

equation, temperature drop and temperature mix equations. Heat balance of DHS consisting of heat 

source, heat load and storage is as presented in (8). The heat power being positive means releasing power 

to the system, while negative indicates heat loss or heat being consumed by the load. Further on, the 

equation for temperature drop is provided in (9) where λ depends on diameter and heat transfer coefficient 

of the pipeline. In this work a constant of 0.4 is taken for λ. The heat loss of each pipeline is due to the 

heat transfer along the pipe from high water temperature to the ambient temperature. In this work ambient 

temperature of 10°C is chosen. The total heat loss of DHS is the sum of the heat losses in each pipeline. 

The temperature drop equation is applicable for both supply and return network. Furthermore, 

temperature mix equation shown in (10) is used when there is more than one incoming mass flow to the 

node. The temperature of mass flow going out of the node is then calculated based on the temperatures of 

incoming mass flows [7]. The operational limits for DHS and heat storage balance equation are presented 

in (11)-(16). Temperature lower and upper limits for DHS in this work are 30°C and 80°C respectively. 

 DHS

, 0, , ,

n

mn t

m

m m n t T


       (7) 
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n n n

in out

j t s t s t l t mn t mn t mn t
j s l

H H H H c m m n t T 
  

               (8) 



Ana Turk et al: Optimal operation of integrated electrical, district heating and natural gas system in wind dominated power system 5 

  
,

,a a DHS

, , , , , , ,

mn t mn

mn t

L

cin out

mn t mn t mn t mn t

m
m n t Te



            (9) 

   DHS

, , , ,= , , ,  
n n

out in

mn t mn t nm t nm t
m m

m m m n t T 
 

        (10) 

 CHP,min CHP CHP,max CHP

, ,    ,j j t jH H H j t T        (11) 

  HS,out HS,in HS

, 1 , , , ,      ,h t h t h t h tHS HS H H h t T          (12) 

 HS,in/out,min HS,in/out HS,in/out,max HS

, ,      ,h h t hH H H h t T        (13) 

 min max HS

, ,      ,h h t hHS HS HS h t T        (14) 

 min max DHS

, , , , ,mn mn t mn tm m m m n t T        (15) 

 in/out,min in/out in/out,max DHS

, , , ,mn mn t mn m n t T          (16) 

2.3. Modeling of natural gas system 

NGS consists of loads, pipes, gas compressors (GC), storages and P2G plants. While natural gas is 

being transported, there is a gas pressure loss due to the pipeline and gas friction and energy loss due to 

the heat transfer between gas and environment along pipelines. Therefore, compressors are integrated in 

the system to compensate for the losses and to keep the gas flowing. In that way, a part of transported gas 

is used to power the compressors. Other than gas source supply, P2G units are integrated which are using 

surplus electricity to produce hydrogen. For modelling purposes of NGS, following equations are being 

used. Firstly, (17) is pipeline flow equation with fixed gas pressure at reference node to 1MPa each hour. 

Secondly, nodal gas flow balance is shown in (18). Further on, in (19) energy consumption by GC is 

provided. As mentioned, DHS has storages to optimize electricity and heat production. Meaning, in cases 

of overproduction, CHP decreases its generation and while heating demand is high, the heat is provided 

by the heat storage. Therefore, balance of gas storage is shown in (20) and operational limits of NGS 

variables are presented in (21)-(26). 

  
2

2 2 NGS
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 P2G,min P2G P2G,max P2G

, ,    ,k k t kQ Q Q k t T        (22) 

 ST,in/out ST,in/out,max ST

,0 ,    ,s t sQ Q s t T        (23) 

 2 min 2 2 max NGS

, , ,( ) ( ) ,    ,n t n t n tp p p n t T        (24) 

 max max NGS

, ,     , ,nm nm t nmS S S m n t T         (25) 

 min max ST

, ,    ,s s t sST ST ST s t T        (26) 

In order to obtain MW as unit for gas flow, as presented in notation, conversion from m3/h to MW 

must be performed. The equation is presented in (27) and the reason for that is as follows. During 

combustion process of hydrocarbon fuel, a water is released as by-product. The heat in water vapour that 

is generated cannot be recovered and due to that lower value of heating power, LHV is used [5, 13]. LHV 

considered in this work is 37.26 MJ/m3 according to [5]. 

 
, ,

3600
nm t nm t

LHV
S G   (27) 

Accordingly, the unit of energy consumption in GC in (19) is horsepower (HP) and conversion from 

HP to MW must be done. Firstly, m3/h must be converted to million standard cubic feet per day 

(MMSCFD) where 1 m3/h equals to 8.47·10-4 MMSCFD in order to obtain HP. Lastly, 1 HP equals to 

746·10-6 MW. 

2.4. Modeling of coupling components – combined heat and power and power to gas     

There are two linking components in this work, CHP and P2G. CHP is consuming natural gas for 

generating electricity, where a byproduct is heat used for DHS. Therefore, a relationship between 

electricity and heat generation can be obtained. Moreover, gas consumption of CHP unit based on 

electricity and heat generation can be calculated as shown in (28)-(29). The ηe and ηh in this work are set 

to 0.3 and 0.5 respectively [14]. 

 CHP CHP e CHP

, , ,     ,j t j t jP D j t T       (28) 

 CHP CHP CHP

, , ,    ,h

j t j t jH D j t T       (29) 

P2G is a unit converting electricity to hydrogen using electrolysis or methane through methanation 

process. The hydrogen can be used as fuel in industrial and transport sector, while methane can be used in 

all natural gas pipelines and for meeting gas demand [2]. The energy necessary for obtaining hydrogen is 

lower than for obtaining methane according to [15]. Therefore, in this work, methanation process is 

considered which is leading to lower efficiency of P2G of 0.5. The relationship between gas production 

and consumed electricity of P2G is shown in (30). 

 
P2G P2G P2G P2G

, , ,    ,k t k k tQ D k t T       (30) 

2.5. Objective function 

The objective is to perform optimal dispatch which is allocating generation among every generation 

unit and storage maintaining the total cost minimized. Therefore, the objective function is shown in (31). 
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3. Integrated electricity, district heating and natural gas test case system 

Test case of integrated 4-bus EPS, 6-node DHS and 5-node NGS is presented in Fig. 1. Electricity, 

heat and gas demand and wind power generation data are provided by Danish transmission system 

operator, Energinet. Time interval of obtained data is 1 h and simulation period of 1 day is chosen in 

January. The data is converted in per unit system where base values of power and gas pressure are 1 MW 

and 1 MPa respectively. Additional data for test system is presented in Table 1 and Table 2 according to 

[4, 5, 6]. The operation of integrated test case model is solved by solver IPOPT in GAMS. 

Table 1. Values and limits of variables and parameters 

  
Fig.  1: Test case of integrated EPS, DHS and NGS.                        

Table 2. Values of marginal cost of each generating unit and storage 

Parameter j  
j  

j  CHP

hC  ,HST in

sC  ,HST out

sC  
GS

gC  ,GST in

sC  ,GST out

sC  2P G

kC  

Marginal Cost ($/MWh) 50 13 0.2 4 2 16 8 10 2 2 

4. Results of optimal operation of integrated system 

In Fig. 2.a) optimal generation of EPS based on lowest operational cost is shown. Generation is 

including active output power of wind turbine and CHP, while demand is including electricity demand of 

EPS and electricity consumed by P2G for electrolysis and methanation process. As it can be noticed, in 

moments of surplus power of wind turbine, P2G uses excess electricity and converts it to gas. The wind 

power production is the highest in the morning and evening and accordingly the overall demand is higher 

that period due to electricity consumption of P2G. Accordingly, there is a wind spillage from 0.025pu - 

0.1pu for last four hours of the day. By considering higher limit of 0.2pu of gas supply from P2G, the 

wind spillage would be zero. Therefore, it can be observed that the optimal operation of EPS is obtained. 

Optimal operation of DHS generation and thermal demand are shown in Fig. 2.b). Heat demand is 

including only heat load (red curve), while blue curve is showing heat demand and losses. Thermal loss 

during 24 hours is 10.3%. In this work, the heat is provided by CHP and heat storage. The heat provided 

Parameter/Variable Value 
CHP HS,in/out P2G GS min( , , , )j h k gH H Q Q  0 pu 

min min CHP,max GS,max, , ,  h s j gHS ST H Q  0.1 pu, 0.1 pu, 1 pu, 7.7 pu 

P2G HS,in/out ST,in/out max ( , , )k h sQ H Q  0.1 pu, 0.1pu, 0.1pu 

min max,mn mnm m  1 kg/s, 3 kg/s 

0 0 max max

, ,, , ,h t s t h sHS ST HS ST  0.5, 0.5, 0.9, 0.9 

nmY , sT  0.09+0.1577j, 530°R 

GC GC GC

a , , , , ,kZ E K c CR  0.95,0.85,0.99,0.0854,1.3,1.414 

12 23 65 54, , ,L L L L  400, 300, 200, 300 m 

12 23 34 35, , ,Z Z Z Z  0.0280, 0.0373, 0.0186, 0.0202 

min max ,min ,max, , ,CHP CHPV V P P   0.95, 1.05, 0, 1 
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by heat storage is almost constant during entire day. Therefore, the storage balance is dropping as seen in 

Fig. 3.b). Initial value of the heat storage state is 0.5, where at the end of the day decreases to 0.167. It is 

not reaching the minimum permitted limit of the storage capacity by the end of the day. 

 

Fig. 2. Generation and demand: (a) EPS (b) DHS. 

The results of optimal operation of generation and demand of NGS are shown in Fig. 3.a). The gas 

supply consists of gas source, P2G and gas storage supply while the entire demand (black curve) is gas 

load and gas consumption of CHP. It can be seen that P2G is supplying higher amount of gas at the 

moments of higher excess electricity from wind turbines. Accordingly, the gas storage is supplying the 

gas. The initial value of gas storage capacity is 0.5, and at the end of the day is reaching its 0.1 as seen in 

Fig. 3.b). Both, heat and gas storage are effected by EPS. Heat provided by CHP is high during entire day 

resulting in almost constant heat supply by heat storage. When it comes to NGS, due to the high wind 

production at the last four hours of the day, P2G is reaching its maximum available gas supply of 0.1 pu 

as seen in Fig. 3a). In that period, gas storage increases its output reaching maximum permitted output in 

order to maintain cost effective system. The behavior can be observed in Fig. 3b) where indication of 

increase of gas storage output is observed after intersection of both curves. 

 
Fig. 3. Results: (a) Generation and demand of NGS (b) State of energy of heat and gas storage. 

Water temperature of the each node in DHS is presented in Fig. 4.a). The temperatures of node 1 and 

node 6 are the highest since the heat source and heat storage are connected to that nodes respectively and 

the heat is supplied to the grid. The temperature after the heat is being consumed by the load is lower than 

temperature at node 5. Therefore, temperature of the node 5 corresponds to the mix of incoming 

temperature from load and incoming temperature of 80°C from node 6. Accordingly, a decrease in 

temperature at node 4 is seen due to the losses caused by a difference between water temperature in the 

pipes and ambient temperature. The same can be observed for node 2 and node 3. Accordingly, by 

looking at the heat demand profile in Fig. 2.b), it can be noticed that temperature at node 5 is decreasing 

in moment of heat load increase. When it comes to gas pressure in the NGS, it is maintained within secure 
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limits and the behavior is similar as temperature behavior in DHS. With higher gas demand, the gas 

pressure drops. Fig.4.b) is showing gas flow rate in NGS in each pipe. The positive gas flows for some 

hours have pipe 12, pipe 23 and pipe 35. Opposite flow is present in pipe 34 entire day. Meaning, loads at 

node 5 and node 2 are additionally supplied by gas storage and P2G in moments of high wind turbine 

power output. The opposite flow along the pipe 34 is due to the gas provided by gas storage to the system.  

 

Fig. 4. Results: (a) Temperature at nodes in DHS (b) Gas flow rate in pipelines in NGS. 

5. Conclusion 

This paper investigates a coordination between EPS, DHS and NGS and provides an optimal operation 

of an integrated system with the objective to minimize total operational cost of all three systems. For 

simulation purposes, a test case model consisting of CHP providing heat and electricity, gas source, P2G, 

wind turbines and heat and gas storages is used. Mathematical modelling of EPS, DHS and NGS with its 

coupling components is performed and the integrated model with its constraints is solved in GAMS. 

Simulation results show that integration of EPS, DHS and NGS with linking components provides a 

flexibility to the system in a way that reduces fuel consumption and fluctuations due to the wind variable 

output power. Accordingly, outcome of this work shows that excess electricity can be converted to gas 

through P2G unit and, therefore, wind curtailment can be reduced. To conclude, integration of EPS, DHS 

and NGS is a prominent solution for providing flexibility to the power system. 
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